It may be shown that the topology defined by the new norm is finer than the outer spectral topology introduced by Ljance. Thus the theory of C-spectral measures both generalizes the concept as well as sharpens some of the results of the theory of generalized spectral measures. In this connection, it will be noted that the norm constructed by Smart is the inner spectral norm of the theory of C-spectral measures.
We denote by X a Banach space over the field C of all complex numbers; the norm of X is denoted by || ||. The set of all bounded linear operators on X into itself is denoted B{X). For any vector space X, we denote by L(X) the set of all linear transformations on X into itself. The adjoint space of X is denoted X*. If Te B(X), we denote by N(T) the kernel of T and by T* the adjoint of T. B o will denote the σ-algebra of all Borel subsets of the complex plane Λ. 1* Spectral measures and their generalizations* DEFINITION 1 (Ljance) . A subring A of B o is said to be admissible if and only if it contains along with each of its members every Borel subset of that member.
If an admissible subring is also an algebra then it equals the whole of B Of which is obviously an admissible subring of itself. DEFINITION 2. Let X be a dense linear subspace of X and A an admissible subring of It is immediate that p is a semi-norm on X. Also it is easily seen that if A = J? o and i?(/ί) -J, the identity operator on X, then DEFINITION 3 . Suppose that E is as above. We say that E is a generalized spectral measure if and only if J(ii) E(Λ) -I, the identity operator on X; and J(iii) p is a norm on X, compatible with || ||, that is: If {x n } is a Cauchy-sequence in || || and converges to zero in p, then it also converges to zero in 11 11. LEMMA 
Suppose that E is a generalized spectral measure in X and having for its domain the admissible ring A, and let Xsp{\J[E(J)X]: 4 e A}( = X, in the notations of Ljance). For each σe B o , we define the mapping E(σ):X~>X as follows: If xeE {A)X, for some A eA, then E(σ)x -E{Δ Π σ)x. The mapping E: B o -L(X) is well-defined, E{A) = E(Δ) \X{AeA) and E satisfies the conditions of Definition 2. Moreover, if the semi-norm p is defined as there we have (i) p{E(A)x] £ p(x) (xeX Ae A);
(ii) For each AeA, there exists a finite positive K{A) such that
P(x) ^ I \x 11 ^ K(A)p(x) (x e E(A)X) .
Proof. 
and similarly 2?(J Π σ)x = ^(^2 Π o)x. This proves that E(σ): X-+X is well-defined. Clearly it is linear and, for each A eA, we have E(A) = 2£(J) IX. Further it follows from condition L(iv) of Definition 3 that X is a dense linear subspace of X. Thus E satisfies the conditions of Definition 2. Inequality (i) follows immediately from the definition of p. To prove inequality (ii), assume that A eA. Then E(A) is a bounded projector on X, so that E(A)X is a Banach subspace of X; further, E(A)X(Z X, so that the function E{ )z is countably additive in the norm-topology for each z e E(A)X. Hence it follows by Corollaries IV.10.2 and II.3.21 of [2] that
\\E(σ)z\\^K,(A)\\z\\ (zeE(A)X), for some finite positive K λ (Δ). Now let x e E(A)X and x = Σ*=i E{σ τ )x i9
where σ< e 2? 0 and α^ e X (ί = 1, , n). Then
where JBΓ(J) = i^XA) \ \ E(A) \ \. Finally it will be observed that ΛeB 0 and x = E{Λ)x, so that p(x) ^ \\x\\. This completes the proof of the lemma. Proof. Suppose that E is a generalized spectral measure in X, having A for its domain. Let X and E be defined as in the previous lemma. It has already been noted that E satisfies the conditions of Definition 2. So it only remains to verify condition J(iii). To this end assume that {x n } is a Cauchy-sequence in X and that p(x n )->0.
Let x be the limit of the sequence {x n } and let A eA. Then, since
E{A) is a bounded linear operator on X, it follows that E{A)x n -+ E(A)x; also p{E(A)x n } g p{x n ). Thus \\E(A)x n \\ g K(A)p(x n ), where ίΓ(J)
is as in the previous lemma, so that E{A)x -0. Since A € A is arbitrary, it follows from L(iii) that x = 0. This completes the proof of the theorem. Now E may be made into a C-spectral measure [1, Theorem 2.12 (iv)].
It will be noted that the domain A of a generalized spectral measure is not universally fixed; neither is the base X oί a /'-spectral measure. Thus the injectivity of the relation between generalized spectral measures and the induced Γ'-spectral measure may be destroyed by trivial extensions. The next proposition asserts that this is the worst that could happen. PROPOSITION 
If the Γspectral measures induced by two generalized spectral measures have a common extension, then so do the generalized spectral measures themselves.

Proof. Let E x : A, -* B{X) and E 2 : A 2 -> B(X) be two generalized spectral measures and let the .Γ-spectral measures induced by them be E.iBo^LiX,) and E 2 : B 0 -+L(X 2 ).
Suppose that E:B 0 -*L(X) is a .Γ-spectral measure extending both E ι and E 2 , that is ίcl and E(A) | X, = E t (Δ) (A G£ 0 ; i = 1, 2). Let A be the set of all Borel sets Δ such that (i) \\E{Δ)\\ < +oo and (ii) E(A)XaX.
Since E is a /-spectral measure, it follows that E(σ) is closable for each σ e B o . This proves that if A e A, d e B o and δaA, then 3 e A. Now it is easily seen that A is an admissible subring of B o and that if, for each A eA, E(A) denotes the continuous extension of E(A) to X, then E: A->B(X) is a generalized spectral measure. Further Aid A and Ei(A) = E(A) (AeA^i^ 1, 2). Hence E extends both E x and E 2 , and this completes the proof of proposition.
2* Examples* In this section we shall give some examples of generalized spectral measures. In particular, a class of differential operators studied by Jack Schwartz [4] (see also [2, §XIX.5]) do in fact have, associated with them, eigenfunction expansions which are unconditionally convergent in a suitable norm. Moreover, if all but finite number of spectral points are simple poles of the resolvent function R(-) T), then T is C-spectral.
All we need to observe in proving this theorem is that A, the set of all bounded Borel subsets of Λ, is an admissible subring of B o and that E: A-+ B(X) is a generalized spectral measure. We have only to take | | to be the outer spectral norm associated with E; and observe that, for each xeX, the mapping E(')x: B o -> X is countably additive in the | |-norm topology [1, Theorem 2.10].
Examples of operators satisfying the conditions of the theorem are due to Jack Schwartz [2, Theorem XIX.5.8] and Browder [2, Theorem XIV.6.28]. The next theorem is related to the result above. 
